If /J is a bounded regular Borel measure on a locally compact group G, and Z-i(G) denotes the class of complex-valued functions which are integrable with respect to the left Haar measure m of G, then, for each -J.
Proposition 1. Let H be a closed subgroup of a locally compact group G, and let \i be a measure with support in H. Then if n is isotone on H, it is isotone on G.
(I am grateful to Dr S. Swierczkowski for pointing out this stronger form of my original result.)
Proof. We will denote by K the locally compact space of cosets x = Hx(xe G), and n will be the left Haar measure on H. Proof. Let H be the group Williamson considered in (5), and take G to be the unimodular semi-direct product of the real line by H (3, page 120). Then Williamson's isotone measure on H is again isotone on G, and does not have one-point support.
We close with another equally tentative conjecture made by Williamson. His construction in (5) is apparently valid in any metrisable non-unimodular group, and so it follows from Proposition 1 that for the Kawada-into theorem to hold on a metrisable group G, it is necessary that every closed subgroup of G should be unimodular. Is this condition necessary and sufficient in general ?
